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THE TICH KHOI LANG TRU

A. TOM TAT LY THUYET
1. Céng thirc tinh thé tich khéi ling tru : NV =Bh (B la dién tich day, hla chiéu cao)
2. bac biét:
-Khdi 1ap phuong c6 canh a co thé tich1a V = a®
- Khdi hop chir nhat ¢ ba kich thudc a,b, ¢ thi c6 thé tich la V =abc.
3-Mot s khai niém vé lang tru
a. Lang tru dung: La lang tru co canh bén vuong goc voi day. Cac mat bén la cac hinh chit nhdt. Canh
bén bang dwong cao ciia lang tru.
b. Ling tru déu: La ling tru dimg va c¢é ddy la da gidc déu. Cdc mdt bén cia lang tru déu la cdc hinh chir
nhdt va bang nhau.
c. Hinh hfp: La hinh lang tru co day la hinh binh hanh.
v' 6 mat cua hinh hdp 1a cac hinh binh hanh.
v/ Hai mit d6i dién song song va bang nhau.
v' Bbn duong chéo ctia hinh hop dong quy tai trung diém cta mdi dudng.
Hinh hép chir nhit: C6 6 mdt déu la cdc hinh chir nhat.
Hinh 1ap phwong: La hinh c6 6 mdt déu la cac hinh vudng (bdang nhau)
. PHUONG PHAP GIAI TOAN
Dang 1. Ling tru ding-Ling tru déu
Vi du 1: Cho khéi lang tru c6 dién tich day B = 4 va chiéu cao h = 6. Thé tich cua khéi lang tru da
cho bang
A 24 B. 8. C. 72. D. 12,
Huéng din giai
Chon A
Thé tich ctia khéi lang tru da cho dugc tinh theo cong thic V = Bh = 4.6 =24 .

Vo ea

Vi du 2: Cho hinh ling try ding ABC.A'B'C" ¢6 tat ca cac canh bang a . Tinh thé tich V' ciia khdi lang

: : 3
try ABC.A'B'C". A.V:Cg B.V_# C.V:¥ D.V:“?:/5
Huéng din giai
Chon C
A c'
A C
B

2
Dién tich day S = a \/5

Chiéucao h=a

Thé tich khéi lang try 1a V =

a’\3
.

Vi du 3: Cho hinh ling tru déu ABC.4’B’C’ ¢ canh day bing a, canh bén bang 2a. Thé tich cta khi ling

tru la:
313 :

A. a .3£

B.a C.a3 D.—
2 6 3

a
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Hwéng din giai:
Chon A

2
Dién tich day S = 2 3,

Chiéu cao h=2a

a’\3

Thé tich khéi lang trula V =S.h= >

Vi du 4: Cho khbi ling try tam giac déu ABC.A’B’C’co tat ca cic canh déu banga. Thé tich khdi tur dién

ABBC 1a
3 3 3 3
A EB B 2%, . & p. 2.
12 4 6 12

Huéng din giai:

h=BB'=a AIV d
SA’B’C’ = aZ\/g
4
v -legs, -3V 4§ ¢
A'BB'C 3 A'B'C 12

Vi du 5: Cho ling tru dang ABC.A' B'C'"' ¢c6 day 1a tam giac vudng can tai A, BC' = a\/g, A'B=3a.
Tinh thé tich V' cta khéi lang tru ABC.A'B'C".

3 3 3
a\ﬁcv G\ED.V a2

3 ' ! 2

AV=d2 BV=

Hwéng din giai:
Chon A

A’ c’
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AB=AC =a.
Ta co

2
s-lpapc=2.
Dién tich day 2

Chiéu cao AA'= J(Ba)y -a’ = 2a+/2.

2
Thé tich khéi ling tru 13 V = S.h= %.Za\/f —a*\2.

Vi du 6: Cho hinh ling tru ding tam giac ABC.A'B'C’ c6 day ABCla tam gidc vudng can tai B
véi BA=BC =a, biét A'Btao v6éi mit phang ABC mot géc 60°. Thé tich khdi lang tru da cho
bang
3 3 3
23 c &3 p. 2
6 2 2
Loi giai

A. 2a%. B.

Chon C

AI

Bl

2
Dién tich tam giac ABCla S,,. = % BABC = a? .

ABC.A'B'C'la lang tru dung = AA’ L ABC = ABIla hinh chiéu cia A'Btrén (ABC)
= AB’, ABC = AB/,AB.
AA'AB vuong tai A = A'BA= AB’,AB =60° = AA'=AB.tan60° =a3.

a’\3

2

2
Vay thé tich khi ling tru d cho 1a Vg yeo = AALS 5e = aﬁ.% -

Vi du 7: Cho hinh lang tru ditng ABC.A'B'C' ¢6 AB=BC =AA'=a, ABC =120°. Tinh thé
tich khéi lang tru ABC.A'B'C'.

3 3 3 3
A, Y3 g, Ve C. J3a® p. &
12 2 4 2

Loi giai
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Chon C

Theo bai, ta c6 hinh vé sau:

A’ c’

Bl

B

2
Dién tich tam gidc ABC 13 S,q. :%.AB.BC.sin B :%.a.a.sin1200 _aB

Vilang tru ABC.A'B'C’ 1a lang tru ding nén do dai duong cao cta lang trula AA'=a.

2 3
Vay thé tich khéi 1ang tru 1a Vg wee = AALS 0 = .# = */ia

Vi du 8: Cho lang try diing ABC.A'B'C’ ¢6 déy 1a tam giac can tai A, AB=AC=2a
CAB=120 g6cgita A’'BC va ABC la 45°. Tinh thé tich lang tru da cho.

Loi giai
Goi M 1a trung diém cia BC.Tacé AM L BC va g ©
CAM =60° (do AABC can tai A) 4
Ta xac dinh dugc goc gita A'BC va ABC la \
\
A'MA = 45° \\
\
Ta co Spppc = % AB.AC SinBAC = % 2a % sin120° \
\
=aV3 va R A
AM = AC cos MAC = 2a.cos60° =a; e A
A
AA' = AM tanA’MA=a

VayVage apic’ = AA Sansc = a°+/3 (don vi thé tich).

Vi du 9. Cho hinh ling try ding ABC.A'B'C’ c6 ddy ABC la tam giac vuong tai A, biét
AB=a, AC = a\/§. Goi M 1a trung diém ciia canh BC, goc tao bai dudong thang A'M va
(ABC) bang « . Tinh thé tich khi ling try ABC.AB'C’ theo ava « .

Loi giai
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Tam giac A'AM vudng tai A nén gbéc A'MA 1a géc nhon. -
AM 1a hinh chiéu vudéng goc cia A'M trén mp (ABC) \ nén
goc gitta dudng thing A'M va (ABC) bang goc AMA va N
bang « . AN

1 a’\3 \\

Dién tich tam giac ABC 1a S,;. = > AB.AC = > e c

BC =+ AB?+ AC” =2a, AM :%BC:a.

Tam giac A AM vudng tai A nén
AA = AM.tan AMA=a.tan« .
a’3tana
—

VLT = AA"SABC =

Vi du 10. Cho hinh ling tru déu ABC.A'B'C’. Mit phang (A'BC) tao v6i mat phang (ABC) mot
goc 30° va tam giac A'BC c6 dién tich bang 8a®. Tinh thé tich khéi ling tru ABC.AB'C’.
Loi giai

Ké duong cao AM cua tam giac ABC. Khidéo M 1a
trung diém cua BC = BC L (A'AM)

Tam giac A AM vudng tai A nén goc A'MA 1a goc nhon.
Goc gitra hai mat phang (A'BC) va (ABC) bang goc gitta
A'M va AM va bang goc A'MA, bang 30°

Tam giac ABC la hinh chiéu vuong gbc cua tam giac
A'BC trén (ABC)

Suy ra S,ac = S,pc€0530° = 4a%+/3. g ¢
Pit AB = x > 0. Dién tich tam giac déu ABC theo X la
x2\/3
SABc = T
2
Vay c6 2 f:4a2\/§<:> x=4a= AM :%:261\/5

Tam giac A'MAvudng tai A, AA"= AM.tan30° = 2a«/§.i3 =2a.

J3
Thé tich ciia ling try ABC.AB'C’ 1aV = AA'S,,. = 2a.4a’\/3 =8a%/3.
Vi du 11. Cho lang tru ABC.A'B'C'1a lang tru ding,
AC =a,BC =2a goc ACB bang 120°. Géc giita duong
thang AC’ va mit phang (ABB’A’) bang 30°. Tinh thé tich
lang tru da cho.

C E

Loi gidi
K¢ C'K L A'B’. Vi ling tru ABC.A'B'C’ 1a ling tru ding
nén C'K 1 AA'. Do dé C'K L (ABB'A).
Goc giita AC’ va (ABB’A’) bang goc C'AK va bang 30° s .
(tam gidc C’AK vuodng tai K nén goc C'AK nhon) A

Xét tam giac ABC, ap dung dinh 1y cosin cho canh AB c6:
AB? = AC? + BC? — 2.AB.AC.c0s120° = 7a’ =~ A'B’* =7a’.

B

[ ]
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a’\/3
5

Spsc = Sasc = %CA.CB.sin ACB = %a.Za.sianOo =

Mat khéc S, ge = %C’K.A’B’ = 1(:'K.aﬁ
Do dé ~C'K.a7 =2 */_ ok =23
2 N7
, ., A . A / 0 / 33.
Xét tam gidc AKC'vuong tai K nén AK =C'K.cot30° =C KA3= ﬁ

Xét tam gidc A'C'Kvuong tai K nén

A'K =+y/A'C?—KC'? = ,/az—g ==
— AN = JAK? — AK? _ a5
J7
a5 aZJ_ a’+/105

J7U2 14

Vi du 12. Cho ling try déu ABC.A'B'C’ canh day bang a. Biét khoang cach tir A dén (A'BC)

Thé tich ctia ling tru ABC.AB'C' 1aV = AA'S,,. =

bang % . Tinh thé tich lang try d4 cho.

Loi gidi
N H
Ké A’H L CB=H Ia trung diém cua BC. ; ‘
bat AA'=x>0. Ta tinh duoc ‘.
A/BZ A/B/2+BB/2 :aZ +X2, X
2 2 2 Kalk

AH? =38 w7 A aH? e 32 X3 1

4 4 4 ~1
Dién tich tam giac A'BC la '-

Bk — - = A - - .
2 2 i c

SABC lA’H Bc_lul \

2 2 2 : \
Thé tich khdi chép AA'BC 1a x

1 1 a 4x* +3a° a.\/4x2 +3a°
VA.A’BC = §d(A,(A’BC)) SA’Bc 3 2 4 24

@ 1 ZJ_ xa’\/3
Mat khac V, yec =V poc = 3 ZAA'S, . = 3.X T
_xa’\3 _ a\/4x +3a a3

Do do S X=

12 22

2\/_ 38.3
Thé tich cua lang tru bang V,. = AA’.S )
g g Vit ABC — 4 8\/_
*) Ta c6 thé tinh AA’theo cach sau:
Ké Al L A'H . Chimg minh duge Al L (A'BC)=d, vecy = Al =
. 1 1

Tam giac AHA' vuéngtai A, Al 1. A'H nén 1 _ + = AA —ﬂ

A2 AH? ' AA? PN
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Vi du 13. Cho hinh hop chir nhat ABCD.A'B'C'D’ ¢6 day la hinh

vuodng, canh bén bang 4a va dudng chéo 5a .Tinh thé D" c' tich
hinh hop chit nhat nay.
Loi giai A
.
4
BD? = BD*-DD? =9a’ = BD = 3a R
L R 3a 9a’ D} - —°
ABCD la hinh vuong=AB=—== B=S,;.p; = — N
\/E 4 Al ‘ /

Vay V=Bh=S,,,.AA' =92’

Vi du 14. M6t tAm bia hinh vudng c6 canh 44 cm, ngudi ta cat bo di & mdi goe tim bia mot hinh vudng canh
12 cm 161 gap lai thanh mot cai hdp chir nhat. khong c6 nap. Tinh thé tich céi hdp nay.

Loi giai
D C'
D c'| =
D' |D cl ¢ ;
A 9
° c
A | A B| B
A B'| e B

Theo dé bai, ta c6 AA'=BB'=CC'=DD'=12cm
= ABCD 1a hinh vuéng c6 AB = 44cm—24cm =20cm va chidu cao hop h=12cm.
Vay thé tich hop 1a V =S, .h =4800cm’
Vi du 15. Cho hinh hép chit nhat ABCD.A'B'C'D’ ¢6 day 1a hinh vuéng canh a va duong chéo BD' cua
lang try hop voi ddy ABCD moét goc 30° .Tinh thé tich va tong dién tich xung quanh hinh hop
chir nhat .
Loi giai

C | 300\ B

D A

—

a

Hinh hop chir nhat ABCD.A'B'C'D’ ¢c6: DD’ L (ABCD)

= DD’ L BD= [ BD";(ABCD) | = DBD' =30° = DD’ = BD.tan30° :#
. . a6 426
Vay V =Sgeo DD'= =23 8, =4S,000 =~

Il. Dang 2. Ling tru xién

Vi du 1. Cho hinh ling try tam gidc ABC.A'B'C’c6 BB’ =a, goc giita duong thang BB’ va mat phang
(ABC)bing 60°, tam gidc ABC vuédng tai C va géc BAC bang 60°. Hinh chiéu vudng gdc cua
diém B’ 1&én mat phang (ABC) triing vai trong tim cua tam gidc ABC . Tinh thé tich khéi lang tru
ABC.AB'C' theo a.
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Loi gidi
Goi G la trong tam cua tam giac ABC. Khi do .
B'G | (ABC). <
Tam giac B'BG vuéng tai G nén goc B'BG 1a goc nhon.
BG 14 hinh chiéu vudng goc ciia duong thing BB’ trén
(ABC)nén goc giita BB’ va (ABC) bang goc giita BB’ va
BG va bang goc B'BG, bang 60°.
Tam giac B'BG vudng tai G nén

C
N M
B'G = BB'.sin B/BG = a.sin 60° = a_\2/§ .

BG = BB'.cos B/BG = a.c0s60° = % Goi M la trung diém cia

AC, taco BM :gBGZB—a.

4
Piat AB = 2x = BC = AB.sin BAC = 2x.5in60° = x+/3; AC = x=> CM = g . Tam gidc BCM vudng tai C
nén
2 2 2 2
gi:BMZZCBZ+CM2: 3 4|2 _ 13 ;»x:3aJ1_3
16 2 4 26

2
Dién tich tam gidc ABC 1a S, = %.CA.CB = 9?0:1/5

27a’
208
Vi du 2. Cho ling try ABC.A'B'C’ c6 ddy la tam gi4c déu canh a, dinh A’ cich déu A, B,C . Biét khoang

Vay thé tich khoi lang tru dd cho 14 V = B/G.S 5. =

cach gitra duong thang AA’ va mit phang (BCC'B’) bang %. Tinh thé tich khéi ling tru ABC.A'B'C’ theo
a.
Loi giai

Vidinh A’ cach déu A,B,C nén hinh chiéu

vudng goc ctia A’ trén (ABC) la tAm duong

ngoai tiép tam giac ABC . Ma tam giac ABC

nén hinh chiéu vudéng goc cia A’ trén

(ABC) latrong tam O cua tam gidc

ABC .Goi K, I lan luot 14 trung diém cua

B'C'va BC.Tx A'k¢ A'H L IK. A
Ta co

BC L Al,BC L A'O=BC L (A'Al)=A'H 1L BC.
Laic6 AH 1L BC,A'H L IK= A'H 1 (BCC'B)
3a

—_— —_— / P —
(AA',(BCC'BY)) d(A’,(BCC’B’)) =AH= 4

bat AA'=x>0.

=d

Tam giac BAC déu canh a, Al 1a trung tuyén nén Al :a—;/g,AO :gAI zﬁ.
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2 2 2
Xét tam giac A’AO vudng tai O: Alozm:\/xz—% Z—\/3X\/§_a .

Dién tich hinh binh hanh A’KIA 1a:

[av?2 A2
Spwia = A'O.Al = 3 —a .a\/g,sv :A'H.lK:3—a.X
,\/§ 2 A'KIA 4
[av2 A2
= X _a a\/§_3a jX:E:A'O:a

. = —X
J3 2 4 NG
a’\3
=

Dién tich tam gidc déu ABC 1a S, =

Thé tich cta lang try dd cho 1a V = A’O.S,,. =

a a’\3 _a’\3
= :

4

Vidu 3. Cho ling tru ABC.A'B'C’'c6 A'.ABC 1a hinh chép tam giac déu canh day a, do dai doan vudng

goc chung ciia AA’ va BC bang af\‘r/g. Tinh thé tich khéi chop A.BCC'B’.

Loi giai
Goi | 1a trung diém cua BC va O la trong . . tam
tam giac ABC, suyra O la tdm duong tron
ngoai tiép tam gidc ABC.
Vi hinh chop A'.ABC Ia hinh chop tam gidc
nén A'O L (ABC).
Ké IH L AA.
Ta co

{BC 1 A0

déu

= BC L (A’/AO) = BC L HI
BC L Al

Do @6 HI la doan vuong goéc chung cta

f

AA/
va BC = Hl =——

bat AO=x> 0 :
Ta c6 tam giac AOA’ dong dang véi tam giac AHI
AO AA AO

Suy ra = = = A'O.AH = AO.IH .
IH Al AH

. . N 2 2 , 9a’ 3a

Xét tam giac AHI vudng tai H nén AH® = Al°—IH :E:> AH = i
a3 a3
Dods Ao="0MH _ 3 4 _2
AH 3a 3
4
2 3
Thé tich khéi ling try ABC.AB'C' 1aV = A0S, ;. = % ay3 _ al‘f .
2 a \/_

Tinh thé tich khéi chép A’.BCC'B' 1a V, gecp = 3V =

C. CAU HOI TRAC NGHIEM
BAI TAP TRAC NGHIEM 1

Cau 1.

Cho liang tru tam giac déu ABC.A'B'C’ co6 tit ca cac canh bang a. Thé tich khdi ling tru
ABC.A'B'C' 1a
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3 3 3 3
NS B &V3 c. i p. 2.
4 12 12 4
Cau 2. Cho lang tru dung ABC.A’'B’C’ c6 day ABC la tam giac vuong tai A, BC =2a, AB=a va mat

bén BB’C’C 14 hinh vudng. Thé tich khi ling tru ABC.A'B’C’ 1a:

3 3 3
AT B. 2°43. c. ¥ p. &
3 7 , 4 4
Céu 3. Thé tich cta khoi lang tru c6 dién tich day B va chicu cao £ la:
A.V:%Bh. B.V:%Bh. C.V =Bh. D.V=§Bh.
Cau4. Néu ba kich thuéc cia khdi hop chir nht ting 1én 2 1an thi thé tich cta né tang 1én bao nhiéu
lan?
A. 2. B.8. C. 4. D. 6.

Cau 5. Cho hinh lang try dng ABC.A'B'C' c6 day ABC la tam giac vuong tai B . Cho
AB =3a,BC =4a,CC’=2a. Thé tich lang tru nay bang

A. 24a° B. 4a° C.12a° D. 8a’
Cau 6.  Thé tich hinh lang try tam giac déu canh ddy bang a , canh bén 2a 1a
3 3
a \/g B.a\/g. C.lag. D.2a°.
6 2 2
Cau7. Tinh thé tich ctia khéi co ba mit hinh chir nhat va hai mat tam gidc vuéng bang nhau véi kich
thudc dugc cho trong hinh vé

A.

16cm

A. 4480cm’. B. ——cm°. C. 2240cm®. D. 2340cm’.

Cau8. Cho lang try ABC.AB'C’' c¢6 day ABC la tam giic déu canh bang a, khoang cach tir B’ dén
(ABC) bang 2a Tinh thé tich khdi chép ABCC'B’ theo a.

3 3 3 3
AT p.&V3 c. 23 p.2&
9 6 3 3
Cau 9. Goi V la thé tich cua hinh lap phuong ABCD.A'B'C'D’. V, la thé tich ctia tir dién A’ABD . Hé thirc

nao sau day la dung ?

A.V =6V, B.V =4V, C.V =3V, D.V =2V,
Cau 10. Tinh thé tich V cta khéi 1ap phuong ABCD.A'B'C'D’ biét AC' =a+/3.
3
AV =d* B.V:?)fa _ C.V =33d" D.Vz%cﬁ_
Cau 11. Mot khéi hop chit nhat c6 dién tich ba mat 1an luot 13 6;7;8 Khi d6 thé tich cua né 1a:
A.20. B. 414 . C. 21. D. 4421.
Cau 12. Dién tich toan phan cta hinh 1ap phuong bang 96. Thé tich cua hinh 18p phuong d6 bang:
A.64. B. %. C.16. D.32.
Cau 13. Khdi lang try ding ABC.A'B'C’ ¢6 ddy ABC la tam giac vudng cantai A,BC = av/2 . Tinh

thé tich lang tru ABC.A'B'C’ biét AB=3a:
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Céu 14.

Céau 15.

Céu 16.

Cau 17.

Cau 18.

Céau 19.

Cau 20.

Céau 21.

as\/z 3 3 3
AN e wper :T B. Vigcapge =2 ‘/E C’VABC.A’B’C’ =6a D‘VABC.A’B'C’ =2a
Cho ling tru ABC.A'B'C’ ¢6 ABC la tam gidc vudng tai A. Hinh chiéu ctia A’ 1én (ABC) la
trung diém cua BC. Tinh thé tich khdi ling tru ABC.A'B'C’ biét AB=a, AC =a/3, AA'=2a.
3 3
A.a7 B.%- C.a\3. D.3a°\3.
Cho lang tru ABCD.A'B'C'D' c¢c6 ABCD 1la hinh chit nhat, A'A=A'B=A'D. Tinh thé tich
khéi ling tru ABCD.A'B'C'D' biét AB=a, AD =a+/3, AA'=2a.
A.3a%. B.a’. C.a%\3. D.3a%\3.
Cho lang tru ABCD.A'B'C'D' ¢6 ABCD la hinh thoi. Hinh chiéu cua A' 1én (ABCD) la trong
tdm cua tam giac ABD. Tinh thé tich khéi lang tru ABCA'B'C' biét AB=a, ABC =120°,
AA'=a
3 3 3
A2, B aV2. c.8V2. p. V2.
6 3 2
Cho hinh lang tru ding ABC.A'B'C’ c6 day ABC la tam giac vuong tai A, AC =a, ACB = 60°.

Duong chéo BC’ cia mit bén (BB'C'C) tao v6i mat phang (AA'C'C) mot goc 30°. Tinh thé
tich cua khdi lang try theo a la:
a*\6

3 3
42°\/6 B.V =a°6. Csza\/g.D.V: .

AV = .
3 3 3

Cho lang try ABCD.A'B'C'D’ ¢6 ABCD la hinh thoi. Hinh chiéu cia A’ Ién (ABCD) Ia trong
tam cua tam giac ABD. Tinh thé tich khéi ling tru ABCA'B'C’ biét AB=a, ABC =120°,

AA'=a
3 3 3
A.a%2. B.af- c.af- D.af-

Tur mot miéng gidy hinh chit nhat cé chiéu rong 30cm, chiéu dai
40cm. Nguoi ta cit & 4 goc hinh chit nhat 4 hinh vudng c6 canh bing

5cm roi gap lai thanh hinh hop chit nhat khong nap (hinh vé). Thé
tich ctia hinh hop tao thanh la

A. 6000 cm®. B. 3000cm®.
C.2000cm?. D.4375cm’.
Cho lang tru dang ABC.A'B'C" ¢4 tit ca cac canh bang . Tinh thé tich V cua khéi ling tru
ABC.A'B'C'
3 3 3 3
Av -2V v -3V cv=2. pv = 3¥2
4 2 2 3
Cho hinh ling tru ding ABC.AB'C' ¢4 day ABC 13 tam giac vuong tai B, BAC=60°

BC =a+/3, AA'=2a Tinh khoang cach giita hai duong thing AB va BC’ theo @

A.#. B. a. C. a“éﬁ. D.%.
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Cau 22. Cho hinh hop ABCD.AB'CD' ¢4 ¢ay ABCD |3 hinh thoi canh a, BCD =120° 3 pa=l2

Hinh chiéu vuong géc cua A’ 1én mat phiang ABCD tring véi giao diém cua AC va BD. Tinh
theo @ thé tich khéi chop ABCD.A'B'C'D".

AV =12a°. B.V =3a°. C.V =9a°. D.V =6a°.
Cau 23. Tinh thé tich V' cua khéi 1ap phuong ABCD.AB'C'D’ piét AC'=a/3:
3
1
A.V =a B.V = 3*/§a : C.V =333’ D.V =§a3

Cau 24. Cho hinh lang tru dang ABC.A'B'C’ c6 day la tam giac vudéng can dinh A, mat bén la BCC'B’
hinh vudng, khoang céch giita AB’ va CC’ bang a. Thé tich cua khéi ling tru ABC.AB'C’ 1a

3 3
A. */Esa . B.\2a°. C. \/Eza . D.a°.

Cau 25. Nguoi ta xdy mot céi be dyng nude khong ¢ ndp 1a mot hinh I18p phuong véi canh do phia ngoai
bang 2m. Bé day cua day bang bé day cac mat bén bang Scm (hinh vé). Hoi bé chira dugc toi da bao
nhiéu lit nudc?

A. 8000 lit. B. 7220 lit. C.6859 lit. D. 7039,51it.

CAau 26. Can phai xay dung mot hd ga, dang hinh hop chir nhat co thé tich V (ms) ,hé sé k cho trude (k -
ti sb gitra chiéu cao cta hd va chiéu rong cua day). Goi X,y,h>0 lan luot 1a chiéu rong, chiéu dai va
chiéu cao cta hd ga. Hiy xac dinh x, y,h >0 x4y tiét kiém nguyén vat liéu nhat. x, y,h 1an luot 1a

2k +1 2k +1
A.X= 25[ ———;h ,/
(2k +1)

(2k +1)v o[k (2k+ DV +1)v
(2k +1 4

S (2k +1)v _Jk(@rv
B \/(2k +1)2 4

Cau 27. Mot khbi hop chir nhat ABCD.AlBlchl c6 day ABCD 1a mot hinh vuong. Biét dién tich toan
phén ctia hinh hop d6 1a 32, thé tich 16n nhat ma khbi hop ABCD.A B,C,D, 1a bao nhiéu?

9 9 9 9
Cau 28. Cho mot tAm nhom hinh chit nhat ABCD c6 AD=60cm. Ta gip tim nhom theo 2 canh MN va
PQ vao phia trong dén khi AB va DC trung nhau nhu hinh v& dudi day dé dugc mot hinh lang try
khuyét 2 day.

M Q C

=

A D .\"\/ g
x N [
- oy
® Goem

op——— — P A

Tim x dé thé tich khéi lang try 16n nhat?
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A. x=20. B x=18. C.x=25. D.x=4.
Cau 29. Cho mdt hinh lang try dimg c6 day la tam giac déu.Thé tich cuia hinh lang tru 12 V. Dé dién tich
toan phan cua hinh ldng tru nho nhat thi canh day cua lang tru la:
A. Yav B.3V . c.¥2v . D.3/6v .
Cau 30. Cho hinh ling tru ABC.AB'C’ ¢6 day la tam giac déu canh a. Hinh chiéu vudng goc cta diém
A’ 1én mat phang (ABC) trung voi trong tdm tam giac ABC . Biét khoang cach giita hai duong thang

AA" va BC bing aff. Tinh thé tich V ciia khéi lang tru ABC.A'B'C’.

3 3 3
A.V:a\/g. B.V:a\/g. C.V=a*/§. D.V =
12 3 24 6

BANG PAP AN

8 19|10 |11 |12 |13 |14 |15|16 |17 181920
D/ AIAID/AIB/ B/A/D/  B|/D|B A
21 |22 123 124 25|26(27 (28|29 |30 31/32/33/34|35[36[37[38|39]40
A/IAIAIC/IA|C/A|C|]A D B|B

HUONG DAN GIAI

Cau 1. Cho lang try tam giac déu ABC.A'B'C’ c6 tit ca cac canh bang a. Thé tich khéi lang tru ABC.A'B'C’

la
3 3 3 3
ATV g &3 c.2 p. L.
4 12 _ 12 4
Huong dan gidi:
Chon A
a’\3 _a’\3

Thé tich khéi lang tru 13 V5 xge = AA'S 4oc = a. 2 7

Cau 2. Cho lang try dung ABC.A’'B’C’ c6 day ABC la tam giac vuong tai A, BC =2a, AB=a va mit
bén BB’C’C 1a hinh vuong. Thé tich khdi lang tru ABC.A’B’C’ 1a:

3 3 3
A TR B. 2°\3. c. &3 p. &
3 - 4 4
Huwéng din giai:
Chon B ) i
Cau 3.  Thé tich ctia khoi lang tru c6 dién tich day B va chiéu cao 4 la:
A.V:%Bh. B.V:%Bh. C.V =Bh. D.Vngh.
Huodng dan gidi:
Chon B
Cau4. Neu ba kich thudc cua khoi hop chit nhat téng 1€n 2 lan thi the tich cua né tang 1én bao nhiéu
lan?
A. 2. B.8. C. 4 D. 6.
Huwong dan gidi.
Chon B ’ ‘ q
Goi ba kich thudc ctuia khoi hop chir nhat ban dau 1a a, b, c. Khi d6 thé tich khoi hop chir nhat 1a
V, =ab.c

Sau khi kich thudc ctia khdi hop chit nhat ting 1én 2 1an ta dugce 2a, 2b, 2¢. Khi d6 thé tich khdi
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Céau 5.

Cau 6.

Cau 7.

Céau 8.

hop chir nhat 1aV, =8a.b.c .Vay chon B.
Cho hinh lang try dimg ABC.A'B'C' c6 ddy ABC la tam giac vudng tai B. Cho
AB =3a,BC =4a,CC’ =2a. Thé tich lang tru nay bang

A. 24a° B. 4a° C.12a° D. 8a’
Huong dan gidi:

Chon C

A' &

2a
A C
3a 4a
B

V =hS-= % BA.BC.CC' = %.3a.4a32a =12a®

Thé tich hinh lang tru tam gidc déu canh day bang a , canh bén 2a 1a

a:s\/g a:s\/g 1,

A. B. C.—-a. D.2a°.
6 2 2
Huong dan giai:
Chon B
3
V=sh=2 f

Tinh thé tich ctia khdi c6 ba mat hinh chir nhat va hai mat tam giac vuéng bang nhau véi kich
thude duge cho trong hinh vé

16cm

4480

A. 4480cm’. B. Tcm ) C. 2240cm®. D. 2340cm?.

Huéng din gidi:
Chgn C
Khéi di cho 1a khéi ling try, day 1a tam gidc vudng c6 2 canh goc vudng 1a 14cm va 16cm, chiéu
cao cuia khi lang tru 1a 20cm.

Do d6 thé tich ctia khdi lang tru 1a:V = Bh = %.14.16.20 = 2240 cm®.

Cho ling tru ABC.A'B'C’ ¢6 day ABC la tam giac déu canh bang a, khoang cach tir B’ dén
(ABC) bang 2a Tinh thé tich khdi chop ABCC'B’ theo a.

3 3 3 3
ATV B &V3 c. 23 D22
9 6 E 3
Huwong din gidi:

Chon C
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Al

¢ Ty luan:
1

Taco V,ppe = §VABC.A’B'C’

2
VA.A’B’C’ :VABC.A'B’C’ +VABCC’B' :>VABCC'B’ :VABC.A’B’C' _VA.A'B'C’ = EVABC.A’B’C'
2a%\/3
3
Cau 9. Goi V la thé tich cua hinh lap phuong ABCD.AB'C'D’. V, la thé tich ctia tir dién A’ABD . Hé thirc

nao sau day la dang ?
A.V =6V,. B.V =4V, C.V =3V, D.V =2V,

1
Vase wpc = 2a.§a.a\/§ = a3\/§ =>=Vagecw =

Huéng dén gidi:
Chon A
Ta c¢6 hinh v€ sau:

Ay D 1
B <
. , 1A
Tacd V = ANS e Vs =S AN S
V. AA2
Ma S, :ESABCD :—=1ﬂ=6z>v =6V,
2 Vl gAA,'SABD
Cau 10. Tinh thé tich V cta khéi 1ap phuong ABCD.A'B'C'D’ biét AC' =a+/3.
3
AV =d B.V:3fa _ C. V = 3434*, D.Vzécﬁ_
Huwéng din gidi.
Chon A

Gia str khéi 1ap phuong ¢ canh bang x>0

Xét tam giac A'B'C’ vudng can tai B’ ta co: B ¢
AC =xJ2=3a°=x*+2x* = x=a R
Thé tich cta khdi lap phwong ABCD.AB'C'D'1aV =a®. P

B' =3 c



https://tuikhon.edu.vn/

https://tuikhon.edu.vn  Tai ligu word chudn. DT 0985029560

Céu 11. Mot khdi hop chit nhat ¢6 dién tich ba mat lan luot 1a 6;7;8 Khi d6 thé tich cua no 1a:
A.20. B. 4414 C. 21. D. 4/21.
Huong dan gidai:
Chon D

Goi X;V;z lan luot 1a 3 kich thuéc,
taco: x2.y*.2° =6.7.8 = Xyz =421

Cau 12. Dién tich toan phan ctia hinh 1ap phuong bang 96. Thé tich ciia hinh 1ap phuong d6 bang:
A.64. B. % C.16. D.32.
Huwong din gidi:
Chon A

Goi canh cta hinh 14p phuong 1a a (a > 0)
Taco: S, =6S5=6a"=9%=a’=16<a=4=V =a’=64.

Cau 13. Khéi lang try dimg ABC.A'B'C’ ¢6 day ABC la tam giac vudngcantai A,BC = av/2 . Tinh
the tich lang tru ABC.A'B'C’ bi¢t AB=3a:
a’\2
ANV ape =% B. Vg wpc = as\/z C.Vpgcnec = 6a’ D.Vygc ppc = 2a°

3
Huéng dén gidi:
Chon B

Cau 14. Cho lang try ABC.AB'C’ ¢c6 ABC la tam gidc vudng tai A. Hinh chiéu ciia A’ lén (ABC) la
trung diém ctia BC. Tinh thé tich khéi ling tru ABC.A'B'C' biét AB=a, AC =a/3, AA'=2a.

3

3
A.%- B.%- C.a%/3. D.3a%\/3.

Huéng dén gidi:
Chon B
Goi H 1a trung diém cua BC
= A'H L(ABC).
ABC la tam giac vudng tai A

= BC =+ AB* + AC* =2a

= AH :%BC=a

AA'AH vuong tai H
— AH =+AA2_ AH? =a./3 y

2
S ynac =%AB.AC _a\B n

3
Vascasc = AH.S 5 = 3%
Cau 15. Cho lang tru ABCD.A'B'C'D' ¢6 ABCD la hinh chir nhat, A'A=A'B=A'D. Tinh thé tich
khéi lang tru ABCD.A'B'C'D' biét AB =a, AD= a\/§, AA'=2a.
A.3a°. B.a’. C.a%3. D.3a%\3.
Huwong dan gidi:
Chon A
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Goi O la giao diém ciia AC va BD.

ABCD 14 hinh chi nhit =OA=0B=0D
Ma A'A=AB=AD nén A'O L (ABD)

(vi A'O la truc tam gidc ABD )
AABD vuong tai A

= BD =+ AB’+ AD* =2a
—0OA=0B=0D=a
AAA'O vuong tai O

— A'O=+/AAZ— AO? = a3
S,sco = AB.AD = a%\/3
VABCDA'B'C'D' = AIO'SABCD =3a’.

Cau 16. Cho lang tru ABCD.A'B'C'D' ¢6 ABCD la hinh thoi. Hinh chiéu cua A' Ién (ABCD) latrong

tm cua tam giac ABD. Tinh thé tich khéi lang tru ABCA'B'C' biét AB=a, ABC =120,

AA'=a
3 3 3
A2, B &V2. c.&V2. p. V2.
6 3 2
Huwong din gidi:
Chon D

Goi H la trong tdm cua tam giac ABD
A'H 1 (ABCD)

Ta c6: ABD =60° .

Tam giac ABD céan co ABD =60°

nén tam giac ABD déu.

ABD 1a tam giac déu canh a

a3
3

= AH

AA'AH vuongtai H = A'H =y AA>— AH® = aT

a’\3

S aep = -2
ABCD 2

a2

—_— ' —_—
VABCD.A'B‘C'D' =AH 'SABC -

Cau 17. Cho hinh lang try dang ABC.A'B'C’ c6 day ABC la tam giac vuong tai A, AC =a, ACB = 60°.
Duong chéo BC’ ciia mit bén (BB'C'C) tao véi mat phang (AA'C'C) mot goc 30°. Tinh thé

tich cua khoi lang try theo a la:

3
4a3J§ B.V =a%/6.

AV =

C.V =

2a°\/6 DV—ang
3 - DV=—.

Huéng dén gidi:

Chon B
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B - C

Ta cé AC' 14 hinh chiéu cia BC' trén mit phang (AA'C'C), (BC',(AA'C'C))=BC'A=30°

C6 AB=a+/3 nén AC'=3a .Do d6 AA=+/9a%—a’ =22a
. 1
Vay thé tich lang tru1a V. ypo =AA'S pe = 2\/5a.5.a.a\/§= a’\6 .

Céu 18.

Cho ling tru ABCD.A'B'C'D’ ¢6 ABCD la hinh thoi. Hinh chiéu caa A’ 1én (ABCD) la trong

thm cua tam giac ABD. Tinh thé tich khdi lang tru ABCA'B'C’ biét AB=a, ABC =120°,
AA'=a

3 3 3
A2, B a2, c.&V2 p, V2.
6 3 2
Huwong dan gidi:
Chon D.

Goi H 1a trong tim cua tam giac ABD = A'H L (ABCD) , BAD =60°

Tam giadc ABD cén c6 BAD =60° nén tam gidc ABD déu.la tam giac déu canh a

= AH =33

2

Cau 19.

3

2
3
Vasco.asco = A'H Spec = #
Tur mot miéng gidy hinh chit nhat c6 chiéu rong 30cm, chiéu dai
40cm. Ngudi ta cét ¢ 4 géc hinh chix nhat 4 hinh vudng c6 canh bang
5cm roi gap lai thanh hinh hop chit nhat khong nap (hinh vé). The
tich ctia hinh hop tao thanh la
A. 6000 cm®. B. 3000cm®.

C.2000cm®. D.4375cm?.
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Huwéng din gidi:
Chon B
Sau khi cit va ldy ra 4 hinh vuéng & 4 goc va gip lai, ta dugc day cua hinh hop 13 mot hinh chir nhat co
kich thudc 1a 20cm va 30cm  chiéu cao cta hinh hop 1a 5cm
Do d6 thé tich cta hinh hop 1a: V = 20.30.5=3000cm® .

Cau 20. Cho lang try dung ABC.A'B'C" ¢4 tit ca céc canh bang 2. Tinh thé tich V cua khéi ling tru

ABC.A'B'C'
3 3 3 3
A.Vzaﬁ. B.Vzaﬁ. cv=2 D.V:aﬁ.
4 2 2 3
Huéng dén gidi.
Chon A
a3 a’\3
SABC = T = VABC.A’B’C’ = T

Cau21. Cho hinh lang try dang ABC.AB'C’ ¢o day ABC |3 tam gidc vudng tai B, BAC =60
BC =a+/3, AA'=2a Tinh khoang cach giita hai duong thing A'B va BC' theo @

A B2 B. a. c. a2 p, &3
2 T 3
Huong dan gidai:
Chon C

A

Goi E 1a diém ddi xtimg cia C qua B ta cé BEB'C’ 1a hinh binh hanh.
BC'//(AB'E)=d(AB’',BC")=d(BC',(AEB’))=d(B,(AEB'))

Ké BK L AE(K € AE),BH L KB'(H € KB'). Khi d6 BH L (AEB').
Suy ra d (AB',BC’)=BH

1 1 1 1 1 av21
s oo toe - 2T =~ BH=
BH BE® BA° a° 3a 7
Vay d(AB',BC') = a*éﬁ

Cau22. Cho hinh hop ABCD.AB'C'D' ¢4 dsy ABCD |3 hinh thoi canh a, BCD =120y AA'=7—2a.
Hinh chiéu vudng géc cua A’ 1én mat phang ABCD tring véi giao diém caa AC va BD. Tinh
theo @ thé tich khéi chop ABCD.A'B'C'D".

AV =12a°. B.V =3a’. C.V =92’ D.V =6a’.
Huong dan gidi.
Chon B
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Goi O=AC~BD
Tir gid thuyét suy ra AO L (ABCD)
a’\/3
2
ABC =60° = AABC déuAC =a, AO =+ A'A2— AO? = 2./3a

3

SABD = BCBDSIH 1200 =

Suy ra V,gop apen =38

CAau 23. Tinh thé tich V cua khéi 1ap phuong ABCD.AB'C'D’ biét AC'=a/3:

3
1
AV =a’. B.V = 3‘/53 . C.V =3\3a%, D.V = 5a3.
Huwéng din gidi:
Chon A
B c
Af D
B o
AI»:Z’ 5

Gid sir khi 1ap phuong c6 canh bang x,(x > 0)
Xét tam giac A'B'C’ vudng can tai B'ta ¢
AC”? =AB?+BC?=2x* = AC' =x/2

Xét tam giac A/AC'vudng tai A'tacdo AC*=AA’+AC?* =3’ =x*+2x* = x=a
Thé tich ciia khi lap phuong ABCD.AB'CD'1aV =a°

Cau 24. Cho hinh lang tru dang ABC.A'B'C’ ¢6 day la tam giac vudng can dinh A, mat bén la BCC'B’
hinh vuéng, khoang céach giita AB’ va CC’ bang a. Thé tich cua khéi lang tru ABC.A'B'C’ 1a

3 3
A. */Esa . B.\/28°. C. ‘/Eza . D.a%
Huwéng din gidi:
Chon C

= CA L (ABB'A))

. [CALBA
Vi
CA L AA


https://tuikhon.edu.vn/

https://tuikhon.edu.vn  Tai ligu word chudn. DT 0985029560

CC'//(ABB'A’)=d(CC',AB')=d(CC',(ABB'A"))=d (C,(ABB'A’))=CA=a

a2

2

Ta c6: Vyge pper =S = ax/f.%az =

Cau 25. Ngudi ta xay mot cai bé dung nude khong cd nap 1a mot hinh 14p phuwong voi canh do phia ngoai
bang 2m. Bé day cua day bang bé day cic mit bén bang Scm (hinh vé). Hoi bé chira duoc téi da bao
nhiéu lit nudc?

A.8000 lit. B. 7220 lit. C.6859 lit. D. 7039,51it.

Huéng dén gidi.

Chon D

1/~

2

Thé tich thyc chtra nuée 1a 190.190.195 = 7039500cm®.
Cau 26. Can phai xay dung mot hé ga, dang hinh hop chit nhat co thé tich V (mg) ,hé sb k cho trude (k -
ti s gitra chidu cao cta hd va chiéu rong cta day). Goi X, y,h >0 lan lugt 1 chiéu rong, chiéu dai va
chiéu cao cua hd ga. Hiy xac dinh x, y,h >0 x4y tiét kiém nguyén vat liéu nhat. x, y,h 1an luot 1a

(2k +1 k(2k +1)V
\/ (2k +1)2 B
B 3/(2k +1)v k(2k V-
Bx= \/(2k +1)° 4
L 3/(2k +1)v _ [k(2k+1)v
B \/(2k +1)2’ 4
3/(2k +1)v k(2k IV
D= \/ 2k +1)°

0

Huwéng din gidi:
Chon C
|
i
Ih
! y
Jj SRS A -
e
7 X

Goi X, y,h >0 lan lugt 1a chiéu rong, chiéu dai va chicu cao cua ho ga.

Ta co: k=n<:>h=kx Vészyh<:>y=i=L2.
X xh  kx
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(2k +1)V
kx

Dién tich toan phan ctia h6 ga la: S = xy +2yh+2xh = +2kx?

, , 2k+ 1)V
Ap dung dao ham taco S nhé nhat khi x = ,3/%
k(2k +1)V
Khi d6 y =2, 2kV2'h=3/ (2k+1)
(2k +1) 4

Cau 27. Mot khdi hop chir nhat ABCD.AB,C,D, c6 day ABCD la mot hinh vudng. Biét dién tich toan
phan cta hinh hop d6 1a 32, thé tich 16n nhit ma khdi hop ABCD.AB,C,D, 1a bao nhiéu?

NECER B 70v3 c 843 . 80V3
9 9 9 9
Huong dan gidai:
Chon C

Goi X 1a canh hinh vudng day cuia hinh hop, y 1a chiéu cao hinh hop
Dién tich toan phan cta hinh hop 1a

_X2

Stp:2(x2+2xy):32:>x2+2xy:16:xy:16 >0

2
16-x :%(16x—x3) v6i x €(0;4).

—

Thé tich hinh hop 1a V = x?y = x.xy = X.

Xétham so f(x)=16x—x° trén [0;4], tacod f'(x)=16-3x*=0=>x=

i

Co f(0)=0« f(%)=#;f(4)=03r{g%f(x)=%

11283 6443

Vay thé tich 16n nhét ctia hinh hop 1a > 3
Cau 28. Cho mdt tim nhém hinh chit nhat ABCD c6 AD =60cm. Ta gap tim nhom theo 2 canh MN va
PQ vao phia trong dén khi AB va DC trung nhau nhu hinh v€ dudi day dé dugc mdt hinh lang tru
khuyét 2 day.

B M g e

. . N »
x B = 5

N
qg'““ e AD
Tim x dé thé tich khéi lang try 16n nhat?
A. x=20. B x=18. C.x=25. D.x=4.
Huéng din gidi:
Chon A
Taco: V =S,.h

Vi chiéu cao h khong thay d6i nén dé thé tich 16n nhat thi dién tich day phai 16n nhat
Dién tich tam gidc S =/30(30— x) (30— x) (30— 60+ 2x) = /30(30 - x)’ (2x~30)

Ta cén tim gi4 trj 16n nhét cia ham sé y = /30(30-x)’ (2x—30)
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,  6x*—300x+3600
2,/30(30-x)° (2x—30)
x = 20(tmdk)
x = 30(kotmdk )
Cau 29. Cho mot hinh ling try dimg c6 déy 1a tam gidc déu.Thé tich cta hinh ling tru 1a V. D¢ dién tich
toan phan cua hinh lang tru nho nhat thi canh ddy cua lang tru la:
A. Yav . B.3V . c.32v . D.36V .

Huéng dén gidi:

!

y=0=

Chon A

Goi canh day cua lang tru 12 a, chiéu cao lang tru 1a h.
2
N3 W

4 _aZ\/§

Dién tich toan phan cua ling tru 1a Sip =Sy TSsusy =

Theobairatacd V =

a'\3 , 43

2 a
2 2
Ap dung bét dang thirc AM - GM ta c6 S _3 f+2J§v +2\/§V Z3§/ag/§.2\/§v.2\/§v
a a a a

a=3/4av

2
Dau bang xay ra khi a3 = @ hay
a

2
Cau 30. Cho hinh ling tru ABC.AB'C’ ¢6 day la tam gidc déu canh a. Hinh chiéu vudng goc cua diém
A’ 1én mit phing (ABC) tring v6i trong tdm tam giac ABC. Biét khoang cach giita hai duong thang

AA" va BC bang #. Tinh thé tich V ctia khdi ling tru ABC.A'B’C’.

3 3 3
a’«/3 a’«/3 a’«/3
J_. B.V = J_ C.V = J_
12 3 24
Cau 31. bé lam mot mang x0i nudce, tr mot tam ton kich thude 0,9mx3m nguoi ta gap tam ton d6 nhu
hinh v& dudi, biét mat cat cua mang x0i 1a mot hinh thang can va mang x0i 1a mot hinh lang tru khong co

nap day phia trén. Hoi X ( m) bang bao nhiéu thi thé tich mang x6i 16n nhét?.

3m X
X

3
AV = D.V:ag/g.

T4m ton 3m 0.3m 0,3m
Mang x01 Mit cht
A.x=0,5m. B.x=0,4m. C. x=0,6m. D.x=0,65m.
Huwéng din gidi:

Chon C
Ta c6 mang x6i 1a mot hinh ling try, c6 chiéu cao bang 3m khong ddi va day 1a mot hinh thang can nén thé
tich méng x01 16n nhat khi dién tich day 16n nhat.

2
Ta c6 dién tich day: S =%(x+0,3)\/0,32 —[X_ZO'BJ =%\/(x+0,3)3(0,9—x) .

Ap dung bt dang thic AM-GM ta co:

4
3x+3.0,3+3.0,9-3x :(0’9)4 '
4

(x+o,3)3(3.o,9—3x)s(

Ping thirc xdy rakhi x+0,3=3.0,9-3x=x=0,6 .
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Cau 32. Cho khéi chop ABCD.A'B'C'D’ ¢6 thé tich ¥ va c¢6 tam d6i xting | . Goi M, N, P,Q theo thir tyr 1a

trung diém céc canh AB,BC,CD, DA cua day ABCD. Tinh thé tich phan khdi hop d6 khong nam trong
khdi chop tir gide |.MNPQ.

= B X .2
12 8 _6 4
Huong dan gidai:
Chon A

Ta cb VI.MNPQ :1 d(l’(MNPQ)) .SMNPQ _
Y 3d(D',(MNPQ))’ S ssep
. 3 vV 1NV
The tich can tim V -V =V -—=—.
NP 12 12
Céu 33. Cho hinh lang tru ABC.A'B'C’ c6 day la tam giac déu canh a . Hinh chiéu vudng goc cta diém
A' 1én mat phang (ABC) trung vdi trong tam tam giac ABC . Bict khoang cach giira hai duong thang

AA'va BC bing %. Tinh thé tich VV ciia khéi ling tru ABC.AB'C’.

3 3 3 3
AEN3 B a3 c. &3 p,&V3.
3 24 12 6
Huwong dan giai
Chon C
B e
~ / l|
S g |
Y4 \
| \
| 1
| ____.u,:}\H 1‘

A
Goi M 14 trung diém cua BC, khi d6 taco A'G L BC va AM L BC doddé M
T M dung MH L AA" suy ra MH 1a doan vudng goc chung cia BC va AA'
a

3
Suyra MH ===
uy ra 4
Do d6 d(G;AA’):%d (M;AA’):—af =d

Trong AA'AG co6: iz= 12 + ! 5
d° GA° AG

:A’G:E.


https://tuikhon.edu.vn/

https://tuikhon.edu.vn  Tai ligu word chudn. DT 0985029560

, a’\3 a a3
V,=AGS, 5 = ==
4 3 12
Cau 34. Cho khoi hop ABCD.A'B'C'D’. Goi M la trung diém cia canh AB. Mat phang (MB'D’) chia
khéi hop thanh hai phan. Tinh ti s6 thé tich hai phan dé.

AL B.~. c... D2
17 12 24 17
Huong dan gidai:
Chon A

A

+ Lap thiét dién ciia khoi hdp di qua mét phang (MB'D’) Thiét dién chia khéi hop thanh hai phan
trong do c6 AMN.A'B'D’
Trong mp (ABB'A’) c6 MB' cit AA’ tai K.
Trong (ADD'A’) c6 KD’ cat AD tai D
= Thiét dién 1a MNB'D’. D& thay N la trung diém ctia AD
KA KM KN MN 1

+ Ap dung dinh 1y Ta 1ét ta co: = =
KA" KB" KD' BD 2

Via . KAKM KN 1

Ve KAKB'KC' 8
7

:>VAMN.A’B'D’ = _VKAB’D’ =

8

7 1 ! 1 ! ! ’ ! 7 !/ ! ! ’ ! 7
55 KA LS ABLAD = 2 AN ABIAD = = Vo wsco

Vay ti 1¢ giita hai phan d6 1a %

Cau 35. Cho khoi ling try dimg ABCD.A'B'C'D’ ¢6 ddy Ia hinh vudng c¢6 thé tich 1a V. D¢ dién tich toan
phan cua lang tru nho nhat thi canh day cta lang tru bang:

A.i/%. B.3V?. c. . D. W .

Huéng din gidi:
ChonC .
Goi X, h lan lugt 1a canh day va chiéu cao cuia lang truy.
CoV =xh=h= 12
X
S.p =2X* +4xh =2x* A Z[X2 +\i+\ij 232 LY - 632 .
X X X X X

/( n n 2 V
Diu "="xdyra < x*=— < x=3V .
X
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Cau 36. Cho hinh ling tru ABC.A'B'C'c6 day ABC la tam giac déu canh banga . Hinh chiéu vudng goc
cua A' trén (ABC)lé trung diém ciia AB. Mit phang (AA'C 'C) tao v6i day mot goc bang 45°. Tinh
thé tich ¥ cia khéi lang try ABC.A'B'C'

3 3 3 3
Av =32 B.vV = cv =2 pv =2
16 8 _ 4 2
Huwong din giai:
Chon A

Goi H, M, | lan lwot la trung diém ciia cac doan thcfng AB, AC, AM.
VABC.A’B'C' =AH 'SABC

a’\/3

Spec = T
Ta ¢6 H la dwong trung binh cia tam gide AMB, MB la trung tuyén ciia tam gidc déu ABC.

IH//MB
Do do: =IH L AC
MB L AC

ACLIH
= AC J_(A’HI):>ACJ_A’I.
AC L A'H

AC L IH  (ABC)
Ma {AC LAl <(ACC'A') = A'lH la géc giita hai mdt phang (ACC'A')va (ABC)
(ABC)(ACCA')=AC

= A'lH =45°,
Trong tam gidac A'lH vudng tai H cé tan45° = AI\-||I_| = A'H = Hl.tan45° = HI :%MB :af\‘f/;
2 3
devza 3.a\/§:3a.
4 4 16
Cau 37. Cho hinh lang tru dimg ABC.A'B'C’, biet day ABC la tam giac déu canh a. Khoang cach tur
tam O cta tam gidc ABC dén mit phing (A'BC) bang % .Tinh thé tich khdi lang try ABC.A'B'C"
3 3 3 3
A2 g, 322 .32 p. 382,
8 28 4 16

Huwéng din gidi:
Chon D
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A' (&3

Goi M 1a trung diém cua BC,
taco (AAM)_L(ABC)theo giao tuyén A'M .
Trong (A’AM ) k¢ OH L A'M,H € AM , suy ra OH L (A'BC)

: , _oH=2
Suy ra: d(O,(A'BC))=0H = 5

a’\3
Samec = T
Xét hai tam giac vuong A'AM va OHM c6 goc M chung nén chung dong dang.

a  1a@

Suyra:OH:OM:>6: 3 2 :1: J§

AA AM AA ANAZ L AM2 AA Na 2

AN | B3
2

- AA= ¥ .

2 3

Thé tich V,ge xgo = AAS uoe = a46 2 f - 3""18/5 .

Cau 38. Cho hinh lang tru dimg ABC.A'B'C’' ¢6 day ABC la tam giac vubéng tai C, ABC =60°, canh
BC =a, dudng chéo A'B clia mit bén (ABB'A) tao véi mit phang (BCC'B') mot goc 30°. Tinh thé
tich khdi lang tru ABC.A'B'C’

3 3
A.af. B. a‘6. C.a,f. D.a*\3.
Huwéng din gidi.
Chon B
. I\6 07 B
C e ’
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Tam giac ABC vuong tai C c6 ABC =60°; BC =a suyra AC =BC.tan60° = a3.

_L AC.BC =
2

Khi d6 : S sec

a’\/3
2

Mit khac: AC L (BCC'B’) suy ra goc gitra A’

va mit phang (BCC'B') 1a ABC'=30°.

Tam gidc A'BC’ vudng tai C c6 ABC'=30°;

Tam giac BCC' vuongtai C ¢c6 BC=a, BC'=

Vay Vyge nee =CC'Spgc = a3\/g'

B

AC'

AC'=asuyra BC'=

tan 30°
3a,suyra CC'= 2/2a

Cau 39. Cho hinh ling try ding ABC.A'B'C’ ¢6 thé tich bang V. Cac diém M, N, P lan luot thudc cac

AM 1 BN CP _

canh AA’, BB’, CC' sao cho

2 Thé tich khéi da dién ABC.MNP bing

AA 2’ BB’ CC'
A.EV. B. EV. C.EV. D.EV.
16 18 ~27 3
Huong dan gidai:
Chon B
B* C’
Al
Noae— — —|—— — — — — P
E
M
B ™ — I T T T T = C
A
Goi E 1a diém thudc canh AA’ sao cho % =§ Khi d6 ABC.ENP la hinh lang tru dung,
2 2V
VABC.ENP = §VABC.A’B’C’ = ?
Ta co
AE=EAA':> ME+£=EAA':> ME = AA
3 2 3
2 1
VABC.ENP :VM.ENP +VABC.MNP = §V = g'ME'SENP +VABC.MNP
2 11 , 2 1
= EV N E'E‘AA'SABC +VABC.MNP = EV = EV +VABC.MNP
11v
:>VABC.MNP =

18

BAI TAP TRAC NGHIEM 2

Cau 51. (PE THAM KHAO 2016 — 2017) Tinh thé tich
bang a.

V' cua khoi lang tru tam gidc déu co6 tat ca cac canh
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3 3 3 3
Av-CB gy o c.v_oP p.y_2¥3
6 12 2 4
Cau 52. Tinh the tich ¥ cta khoi lang tru tam giac déu c6 canh ddy bang « va tong dién tich cdc mat bén
bang 34°.

3 3 3
A.V:“f. B.V:#. C.VZ“JE D

3 Ty
Céu 53. (PE CHINH THU'C 2016 — 2017) Cho khdi lang try ding ABC.A'B'C’ ¢6 BB =a, ddy ABC la tam
giadc vudng can tai B va AC =a+2 . Tinh thé tich ¥ ciia khdi lang tru di cho.

3 3 3

A.V:%. B.V:%. C.V:%. D. V=4,

Cau 54. Cho lang tru ding ABC.A'B'C' c6 ddy ABC la tam gidc v61 AB=a, AC=2a, BAC =120°,
AA'= 2445 . Tinh thé tich ¥ cta khdi lang try da cho.

3 3
A. V=4a5. B.Vv=a\15. C.V“‘sﬁ. D.V4“3‘/§.
Céu 55. Tinh thé tich 7 cua khdi 1ap phuong 4BCD.4'B'C' D', biét AC' = a\f3.
3
A V=2 B. V”f“ . C. V=332 D. Vz%cf.

Ciu 56. Cho hinh ling try ding ABCD.A'B'C'D' ¢6 day 1a hinh vudng canh 24. Tinh thé tich ¥ cta khoi
lang try da cho theo a, biét 4'B=3a.

3
A. V4‘/3§a . B. v=4J54. C. V=252 D. r=124°.

Ciu 57. Cho hinh hop chit nhit ABCD.A'B'C'D' ¢ AB=a, AD=a2, AB'=a+/5. Tinh theo « thé tich khi
hdp da cho.

3
A. 7V =a*10. B.V:Z”;E. C.v=d2. D. v =24\2.

Cau 58. Cho hinh hdp chir nhat c6 dién tich ba mat cung Xuat phat tir cung mot dinh 14 10cm?, 20cm?, 32cm®.
Tinh thé tich ¥ cua hinh hop chit nhat di cho.
A. V=80cm’. B. V=160cm’. C. V =40cm’. D. 7V =64cm’.
Cau 59. Cho hinh hop chit nhat ¢c6 dudng chéo 4 =+21. D9 dai ba kich thudc ctia hinh hop chit nhat 1ap
thanh mgt cap s6 nhan c6 cong boi ¢g=2. The tich cua khoi hop chir nhéat 1a
A V=8 B.Vzg. C.V:%. D. V=5
Cau 60. Cho lang tru dirng ABC.A'B'C' ¢6 day ABC la tam giac vudng tai B va BA=BC=1.Canh 4'B tao
véi mat day ABC goc 60° . Tinh thé tich 7 cua khoi lang tru da cho.
A 7V =43. B.V:g. C.V:g. D.V:%.
Cau 61. Cho hinh hop chit nhat 4BCD.A'B'C'D' ¢c6 AB= AA'=a, duong chéo 4'C hop voi mat ddy ABCD
mot goc o théa min cota =+/5. Tinh theo 4 thé tich khéi hop di cho.
2a° a
A V=22 B.v="-. C.v=5. D.v=".
| 3 5
Cau 62. (PE CHINH THUC 2016 — 2017) Cho khoi lang tru dimg 4BC.A'B'C’ c6 ddy ABC 1a tam giac can
VGi AB= AC =a, BAC =120°, mit phang A4B'C’ tao véi day mot goc 60°. Tinh thé tich ¥ cuia khi lang try
da cho.
3 3 3 3
Av=%  By-?2% c.v== D. v =%
8 8 8 4

Cau 63. Cho hinh lang tru ding ABC.4A'B'C' c6 day la tam gidc can, AB=a va BAC =120, gbc gilra mat
phang A4'BC vamatday ABC bang 60°. Tinh theo « thé tich khoi lang tru.
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3 3 3 3
Av=2. B. v -2, Cc.v=3%. D.v=3%
8 8 4 24
Cau 64. Tinh theo « thé tich ¥ cua khoi hop chit nhdt 4BCD.4A'B'C'D'. Biét rang mat phang 4'BC hgp

voi ddy 4ABCD mot goc 60°, A'C hop véiddy ABCD mot goc 30° va A4'=avf3 .

3
A.V=243J6. B. V2“3‘/g. C.V=2a2. D.r=4d.

Céu 65. Cho lang tru dimg ABCD.A'B'C'D' ¢6 ddy ABCD 1a hinh thoi canh bang 1, BAD =120°. Goc giita
duong thang 4AC' va mat phang 4DD'A4' bang 30°. Tinh thé tich 7 ctia khoi lang try.

A. V=46 B.V:%. C.Vz@. D.v=43.

Vin dé 2. THE TiCH LANG TRU XIEN

Ciu 66. Cho hinh hop ABCD.A'B'C'D' ¢6 tit ca cac canh déu bang 24, ddy 4BCD 14 hinh vudng. Hinh
chiéu vudng gbc cia dinh 4' trén mat phang day trung véi tdm cua day. Tinh theo « thé tich ¥ cua khoi
hop da cho.

3 3
A.V:4a\/§. B.V:%. C.v=8da. D. V=4a*\2.

Cau 67. Cho lang tru ABCD.A'B'C'D' c6 day ABCD la hinh vudng canh «, canh bén A4'=a, hinh chiéu
vuong goc cia A' trén mdt phang ABCD trung voi trung diém H cua AB . Tinh theo a thé tich ¥ cta khoi
lang tru da cho.

A.V:& a3\/§ ’
6

B.v =232, C.v=d. D.v=-2.
2 3
Cau 68. Cho hinh lang tru 4BC.4'B'C' c6 day ABC la tam gidc vudng can tai B va AC =2a . Hinh chiéu
vudng goc ctia A' trén mit phang ABC 1a trung diém H cua canh 4B va A'A=ay2. Tinh thé tich ¥ cua
khéi lang try da cho.
3 3
A.V=d\3. B.V_“f. C.V“f. D. V=242.

Ciu 69. Cho lang tru ABC.A'B'C' c¢6 diy ABC 1a tam giac déu canh « . Hinh chiéu vudng goc cua diém 4
lén mat phang ABC trung voi tam O cua dudng tron ngoai ti€p tam giac 4ABC, biét 4'O=a. Tinh the tich

v cua khdi lang try da cho.
3 3 3 3
R c.v=-%. D.v-2.
12 4 4 6
Ciu 70. Cho hinh ling tru ABC.A'B'C' c6 day 1a tam giac déu canh 242 va A'A=a+/3. Hinh chiéu vudng
gbc cua diém 4' trén mat phang ABC trung voi trong tim G cua tam gidc ABC . Tinh thé tich V' cua khoi

A V=

lang tru da cho.
3 3 3
A V=%, B.v =22 c.v==_. D. V=24,
2 3 6
Cau 71. Tinh thé tich ¥ cua khoi lang try ABC.A'B'C' ¢6 ddy ABC la tam giac vudng tai 4, AB=AC=a.
Biétrang A'A=A'B=A'C=a.
3 3 3 3
Av=-2. By <V c.v-a2 Dy
2 4 4 12
Cau 72. Cho ling tru ABC.A'B'C' c¢6 ddy ABC 1a tam giac vudng tai B, AB=1, AC=2; canh bén 44'=/2.
Hinh chiéu vuéng goc ciia 4' trén mit ddy A4BC trung voi chan duong cao ha tir B cla tam gidc ABC.
Tinh thé tich ¥ cua khdi lang try da cho.
21 21 J7

AV =—o. B.V=—. C.V=—. D.V:@.
4 12 4 4
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Céu 73. Tinh thé tich ¥ cua khdi lang tru ABC.A'B'C’ biét thé tich khdi chép A.BCB'C’ bang 24°.
3

A. V=6d. B. V- 5% C. vV =4d. D. V=34
Céu 74. Cho hinh hop ABCD.A'B'C'D’ ¢6 thé tich bang 12cm®. Tinh thé tich 7 cua khdi tir dién AB'CD'.

A. ¥V =2cm’. B. V' =3cm’. C. V=4cm’.D. V =5cm’.
Cau 75. Cho lang tru ABCD.A'B'C'D' ¢6 ddy ABCD la hinh chit nhat tim O va AB=a, AD=a"\/3; A'O
vuong goc voi ddy A4BCD . Canh bén AA4' hop voi mat ddy 4BCD mdt goc 45°. Tinh theo « thé tich I
ctia khdi lang tru da cho.

3 3 3

A.V“f. B.Va;/g. C.V“;/g. D. 7V =a'\3.
Cau 76. Cho hinh ling tru 4BC.4'B'C' ¢6 day 1a tam giac déu canh c6 d6 dai bang 2 . Hinh chiéu vudng goc ciia
A' 1én mat phang ABC trung véi trung diém H ctia BC . Goc tao bdi canh bén 44' véi mat day 1a 45°. Tinh
thé tich khéi tru 4BC.A'B'C'.

A.V=3. B.v=1. C.V%. D.Vg.

Ciu 77. (PE THU NGHIEM 2016 — 2017) Cho hinh lang try tam gidc ABC c¢6 day ABC la tam giic vudng
cAntai 4, canh AC =242 .Biét AC’ tao véi mit phang ABC mot goc 60° va AC'=4. Tinh thé tich ¥ cua
khéi da dién 4BCB'C’ .

Av=3% B.V:%. c.v_3B p.y_16%3

Ciu 78. Tinh thé tich 7 ctia mot khéi lang try biét ddy c6 dién tich S =10cm?, canh bén tao v6i mit phang
day mot goc 60° va do dai canh bén bang 10cm.

A. V=100cm’. B. ¥V =50\3cm’.  C. ¥ =50cm’. D. ¥ =100+/3cm’.
Cau 79. Cho lang try ABCD.A'B'C'D' ¢6 ddy ABCD la hinh thoi canh «, tim O va ABC =120°. Goc gilta
canh bén 44' va mat day béng 60°. Pinh 4' cach déu cac diém 4, B, D. Tinh theo « thé tich ¥ cua khéi
lang tru da cho.

Av-¥ . py_eV v D.V=a3.

2 6 2

Ciu 80. Cho hinh hop ABCD.A'B'C'D' c¢b day ABCD 1a hinh thoi tim 0, canh ¢, goc 4BC =60°. Biét rang
A'0 1 ABCD va canh bén hop véi day mot goc bang 60°. Tinh thé tich ¥ ctia khdi da dién 04BC'D'.

3 3 3 3
Av=2 B.v=2_. c.v=-%2. D.v=3%
6 12 8 4
HUONG DAN GIAI
Cau 51. Xét khoi lang tru tam gidc d€u ABC.A'B'C’ c6 tat ca cac canh bang a.
N 2 ’ ’
Dién tich tam gidc déu canh o 12 =2 f A c
Chiéu cao cta lang tru /= A4'=a. g
Al R L 1x \ a3
Vay theé tich khoi lang trula V. e =Sh= o A C
Chon D.
B

Ciu 52. Xét khoi lang tru ABC.A'B'C’ ¢6 day ABC 1a tam gidc déu va 44’ | ABC .
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Dién tich xung quanh lang try 1a s, =3.5

ABB'A’
=3a>=3. AA'.AB =3d> =3. AA'a = A4 =a.
a3

Di¢n tich tam gidc ABC 1a S, = 2

Vay thé tich khéi lang tru 13 V. 0 = Spupe A4 =

Chon D.
Cau 53. Tam gidc 4BC vuong can tai B,

aZ

7.

4

suy ra BA:BC:A—Cza:SMBC:

2
2 r 3
Vay thé tich khéi lang tru vV =S, ,,..BB' = %
Chon C.

Cau 54. Di¢n tich tam gidc 4BC 1a S, = %AB.AC.sin BAC =

a3

Tai ligu word chuin. BT 0985029560

A’ C’

<>

a2\3
5

Vay thé tich khdi lang tru ¥V, , 5. = Spse-AA' = a*15. Chon B.

Cau 55. Dat canh cua khdi 1ap phuongla x x>0 .
Suyra CC'=x; AC=x-2.
Tam gidc vudng ACC', cod

AC' =\JAc* vcc? s xB=aB=x=a

Vay thé tich khéi lap phuong ¥ =4°. Chon A.

Cau 56. Do ABCD.A'B'C'D' 1a lang tru ding nén A44' L AB.
Xét tam gidc vudng A'AB ., tacd A'A=~A'B* —AB* =a\5 .

Dién tich hinh vuéng 4BCD 1a S ,,.,, = AB*> =4a”.
VAY Vpopspen = Spon-A'A=454°. Chon B.

CAu 57. Trong tam gidc vudng 4BB', cO BB'=+AB?—AB* =2a.

Dién tich hinh chit nhat 4BCD 13 S, ., = AB.AD=a’ 2 .
VAY V yopascn =S -BB'=2a°\2. Chon D.

Cau 58. Xét hinh hop chir nhat 4BCD.A'B'C'D’ c6 day ABCD 1a hinh chir nhat.

S sep = 10cm? AB.AD =10
Theo bai ra, ta ¢6 1S, =20cm?® < {4B.A4"=20.
S — 30 cm? AA' AD =32

ADD'4’

Nhan vé theo vé, ta duoc 44" AB.AD* = 6400 = A4'.AB.AD = 80

Vay Voo wnop = AA ABAD =80cm’. Chon A.
Cau 59. Xét hinh hop chtr nhat ABCD.A'B'C'D
AA' = a, AB=b, AD = ¢ va c6 duong chéo 4C'.

Theo bai ra, ta co a, b, ¢ lap thanh cap s6 nhan c6 cong bdi ¢=2. Suy ra

D’ C’
A

D] ___JC

A B .
c6 do dai kich thuéc ba canh lan luot Ia

=2a
c=4a

Mit khéc, 6 dai duong chéo AC’ =21 = A4 + AB* + AD* =21 a* + b +¢* =21.

=1

. {c=2b=4a c=2b=4a c=2b—4a |
Tacohe ; , | Sal ) ) & i S1b=2.
a +b°+c" =21 a+ 2a + 4a =21 2la” =21 4

Vay thé tich kh6i hop chir nhat 7,

BCD.A'B'C'D’

— AA' AB.AD = abc = 8. Chon A.
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Cau 60. Vi ABC.4'B'C' 14 lang try dmg nén 44' L ABC , suy ra hinh chiéu vudng goc ctia 4'B trén mit
day ABC 1a A4B.
Do d6 60°=A'B, ABC =A'B,AB=A'BA. A’ C’

Tam giac vudng A'AB, ta co v

AA'= AB.tan A' BA = /3.

Dién tich tam gidc 4BC 1a S, ,,. = %BA.BC = % A ¢
P

VAY V =S, o AA' = g Chon C. B

Cau 61. Taco 44'L ABCD nén D’ c
A'C, ABCD = A'C,AC—=A'CA. A, B

Tam gidc vudng 4'AC, ta cd AC = AA'.cota =ax5. s N

Tam giac vudng ABC,ta c6 BC =\ AC* — AB* =2a. )I_ \\\ C

Dién tich  hinh chir nhat ABCD la el T =

S ypep = AB.BC =2a” . A B

Véy Visco.aopcp = Sapep-AA"' = 2a’. ChQIl A.
Ciu 62. Goi M 1a trung diém cta doan thang B'C’. Tam gidc ABC cantai 4—— tam gidc A'B'C’ cén tai
A ——AM1BC.

Laicd B'C' L 44’ . Tk ddsuyra B'C' L AA'M ——B'C’' L AM.

Do d6 60° = AB'C' , A'B'C' = AM;A'M = AMA'. A C

Tam gidc vudng 4'B'M , c6

A'M = A’'B'.cos MA'B' = a.cos60° = %.

Tam giac vudng AA4'M , co

AA' = A'M .tan AMA' = %.tanéOO - #

a3
7

Dién tich tam giac S, ;. = %AB.AC. sin BAC =

3
Vay ¥ pe sper = SAABC'AA/ = 3%- Chon A.

Cau 63. Tuong tu nhu bai 62. Chon B.
Ciu 64. Taco 30°=A4'C, ABCD = A'C,AC = A'CA; B’ C’

60° = A'BC , ABCD = A'B,AB= A'BA.

1
I
I
. n , . A4 i
Tam giac vudng A'AB,c0 AB=——=a.. 4
tan 4' BA RS
I
I
I
I

A4’ \
L —3a. \ -
tan A'CA yB_ . 3 C
Tam gidc vudng ABC,c6 BC =+[AC* — AB* =2a42 . e
Dién tich hinh chit nhat S, = AB.BC =242 . =
VAY V yop somen = Sapep-AA' =2a°\J6. Chon A.

Cau 65. Hinh thoi ABCD c6 BAD =120, suy ra ADC =60°. Do do6 tam gidc ABC va ADC la cac tam giac

Tam giac vudng A4'AC, cd AC =
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. C'NLAB
deu. Goi N la trung di€ém 4'B' nén N
cnN=Y2
2
Suy ra 30° = AC', ADD'A' = AC',AN =C'AN . C’ D’
1 n ’
Tam gidc vudng C'NA, cd AN 3 B’ A
tanC'AN 2 N\ I\
[
Tam giac vudng AA'N, c6 AA' =+ AN>*—A'N> =2. \
I
Dién tich hinh thoi S, = AB*.sin BAD = ? A 4\ ------- .
P S\
A .6 B
V@Y VABCD.A'B'C'D' :SABCD'AA :7' Ch(.)n C. A

Vin dé 2. THE TICH LANG TRU XIEN

Cau 66. Goi O la tam cua hinh vuéng 4BCD,
suyra A'O_L ABCD .
Tam gidc vudng A4'04, co

A'0=A4"— A0* =\4a* —2a* =a 2 .
Dién tich hinh vuéng §,,., =4a>.
Vay Visep.apcp = Saapcp-A'O = 4‘13\/5- Chon
D.
Cau 67. Theo gia thiét,tacd A'H L AB.

Tam giac vuong A'HA
A'H =44~ 4H® = # :

Dién tich hinh vuong §,,., =a*.

a3
2

V@Y Viscoapep = SABCD'A’H =

. Chon B.

Cau 68. Tir gia thiét suy ra B4 = BC = a+/2.
Tam giac vuong A'HA,

A'H =447 — AH? :@.

Dién tich tam giac ABC 1a S, . = %BA.BC =a’.

3
VAy V =Sy A H =" ;/g. Chon C.
A A 7 [ A 112‘\/§ A A+ 1w
Cau 69. Di¢n tich tam giac déu S, . = - Chiéu cao khoi lang try 4'0O=a.
A 2 .. I , a3\/§
Vay thé tich khoi lang tru V' =8, ,,..4'0 = 7 Chon A.

Cau 70. Goi M, N lan luot 14 trung diém 4B, BC.
Khi d6 G=ANNCM la trong tdm AABC.
Theo gid thict, tacd 4'G L A4BC .

Tam giac ABC déu canh 242 nén suy ra

AN:a\/g—uélG:%AN:%a\/g. A
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a3

3

Tam gidc vudng A'GA, cO A'G=NA'A* — AG* =

Dién tich tam gidc ABC 1a S, . = 2a2 ’ g =2a2/3.
Vay thé tich khéi lang tru ¥, , 5. = S,50.A'G = 2a°>. Chon D.

Céu 71. Goi I 1a trung diém BC. Tt A'A=A'B=A'C=a, suy ra hinh chiéu vudng goc ctia 4' trén mit
day 4BC latam duong tron ngoai ti€p tam gidc ABC.
Suyra 4'I L ABC .

Tam gidc ABC, c6 BC = AB> + AC* = V2.

Tam giac vuong A'IB, co
A'T=+J4'B*—BI* :%.
2
Dién tich tam gidc ABC 1a S, .. = %AB.AC = %
3
. )
V@Y VABC.A'B'C' = SAABC'A'] = = ;/_ Ch(.)n C.

Cau 72. Goi H la chan duong cao ha tir B trong AABC.
Theo gid thiét, taco A'H L ABC .

Tam giac vudng 4BC, co

2
BC = AC* —4B* =\3; AH:’ZIZ _1

2

Tam giac vudng A'HA, cd A'H =~ AA*— AH? g )
1 3

Dién tich tam gidc ABC 1a S, = EAB.BC =

A N21

Vay Vipe wpe = SAABC.A'H:T. Chon A.
A 7 R o7 A ’ 1

Cau 73. Ta c6 thé tich khoi chop v, ., = EVABC_ e

S 2 3 3 24 =34*. Chon D
uyra v, peye = EVABC.A/B’C/ —Viscanc = EVA.BCB’C’ = 5'2‘1 =3a’. on 1.

Cau 74. Goi § 1a dién tich mat ddy ABCD va & la chiéu cao khdi hop.
Thé tich khéi hop Ve s e = S = 12cm’.

Chia khéi hop ABCD.A'B'C'D' thanh khdi t dién
AB'CD' va 4 khéi chop: 44'BD, CBCD,
B'.BAC, D'.DAC (nhu hinh v&). Ta thay bén khoi

chop nay co thé tich bang nhau va ciing bang %gh

Suy ra tong thé tich 4 khdi chop bang 7' = %Sh.

Vay thé tich khéi tir dién v, — Sk —%Sh - %Sh - %.12 — 4cm’. Chen C.
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Cau75.Vi 4'0 L ABCD nén

45° = AA', ABCD = AA', A0 = A'AO.
Puong chéo hinh chir nhat
AC =[4B* + AD? :2a:>A0:%:a.
Suy ra tam gidc 4'0O4 vudng can tai O nén
A'0=40=a.
Dién tich hinh chir nhat
S pep = AB.AD = a’[3 .
VAY V yop wson = Ssen-A'O=d’</3. Chon D.
Cau 76. Tam giac 4BC déu canh bang 2 nén
AH=\3. Vi A'H1 4ABC nén hinh chiéu
vuong goc cua AA4' trén mat ddy ABC la AH.

Do d6 45° = A4A4', ABC = AA',AH = A' AH . Suy
ra tam gidc A'HA wvuong can tai H nén
A'H=HA=13.

Dién tich tam giac déu ABC 13 S, . =+/3.

Vay V=S8, ,,.-A'H=3. Chon A.

Céu 77. Goi H 1a hinh chiéu cia C’ trén mit phang ABC . c

Suy ra AH 13 hinh chiéu cia AC’ trén mit phang ABC . V
Do d6 60° = AC', ABC = AC',AH = HAC'.
Tam gidc vudng AHC', ¢c6 C'H = AC'.sin HAC' = 24/3.

Thé tich khdi 1ang tru ¥V, ,pe = Spuse C'H = 83. c B

2y —#. Chon D.

BCB'C' 3/ ABC.A'BC!

Suy ra thé tich can tinh 7,

Cau 78. Xét khdi lang try ABC.A'B'C’ ¢ day 1a tam gidc ABC.

Goi H 1a hinh chi€u cia 4’ trén mat phang A’ B’
ABC = A'H1 ABC . Suy ra AH la hinh
chiéu ciia 44’ trén mat phang ABC . Do dé C

60° = AA', ABC = AA',AH = A'AH.
Tam gidc 4’AH vudng tai H, co
A'H = AA'sin A'AH = 5+[3.
Vay V =S8, y0.A'H =50\3cm’. Chon B. C
Cau 79. Tir gia thiét suy ra tam giac ABD déu canh a.
Goi H la tdm tam gidc 4BD. Vi A4' cach déu cac diém 4, B, D nén A'H | ABD .

Do d6 60° — AA', ABCD — AA' HA— A' AH . B c’

Taco AH —2a0-2.903 V3
3 3 2 3
Tam gidc vudng 4A'4AH ,c6 A'H = AH.tanA'AH =a.
2
Dién tich hinh thoi S, = 28, = # B
R , PENE) 2l
Vay Vo ascn = Suep -A'H = 7 Chon C. A D

Cau 80. Tur gia thiét, suy ra tam gidc ABC déu canh a = 04 = % =

2
>
A



https://tuikhon.edu.vn/

https://tuikhon.edu.vn  Tai ligu word chudn. DT 0985029560

Vi A0 L ABCD nén 60° = AA’, ABCD = AA',A0 = A'A0.

a3

Tam gidc vudng 4’40, c6 04’ =0A.tan A'40 = -

2 r 3
Suy ra thé tich khoi hop v =35,,,,.04" = 3%.

TacO V=V, or +Vr e Ve soc Vo aop +Vocore

3
Vo AV Ay Lyl oy %:%. Chon C.

o.apcp’ T 12 12 6 ABC'D'

THE TIiCH KHOI LANG TRU-BAI TAP TRAC NGHIEM 3

Aul. Cho ling tru ABCD.A'B'C'D' ¢6 ABCD la hinh chit nhat, A'A=A'B=A'D. Tinh thé tich khéi ling tru
ABCD.A'B'C'D' biét AB=a, AD=a+/3, AA'=2a.
A. 3a°. B. a’. C. a’3. D. 3a°/3.
q Huéng din giai:
Goi O la giao diem cua AC va BD.
ABCD 1a hinh chit nhdt =0OA=0B=0D
Ma A'/A=AB=AD nén A'O L (ABD) (vi
A'O la tryc tam giac ABD )
AABD vuong tai A

= BD =+ AB? + AD* =2a
=0A=0B=0D=a
AAA'O vuodng tai O

— A'0=VAA2-AO’ =a+/3
S,scp = AB.AD =a%\/3
Vasconsicn = AIO'SABCD =3a°.
au 2. Cho lang tru ABC.A'B'C' ¢6 ABC la tam gidc vuong tai A. Hinh chiéu ciia A' 1én (ABC) 1a trung diém
cua BC. Tinh thé tich khdi ling tru ABC.A'B'C' biét AB=a, AC =a/3, AA'=2a.

3 3
A. a?. B. 3%~ C. a°\3. D. 3a°/3 .

] Hudng din giai:
Goi H la trung diém cua BC
= A'H L(ABC).
ABC la tam giac vuong tai A

— BC =+AB?+ AC? =2a n N

= AH :%BC:a

AA'AH vudng tai H
— A'H =VAA?— AH? =a+3 ‘ R

4
2 I
S,mac :%AB.AC -4 f

, 3a°
VABCA'B'C' =A'H 'SABC :T
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au3. Cho lang tru ABCD.A'B'C'D' c6 ABCD la hinh thoi. Hinh chiéu cia A' 1én (ABCD) 14 trong tim ctia
tam giac ABD . Tinh thé tich khéi lang try ABCA'B'C' biét AB=a, ABC =120°, AA'=a.
3 3 3
A. a2, B, &2, c. &2 p, V2
6 3 2
Hudéng din giai:
Goi H la trong tdm cua tam giac ABD
= A'H L (ABCD).

Ta c6: BAD =180° — ABC =60°.

Tam giac ABD can c6 BAD = 60"
nén tam gidc ABD déu.

a3

ABD 1a tam giac déu canh a = AH = 3

AA'AH vudngtai H = A'H =+ AA?— AH? = a\?{g

a’\3 a*\3

4 5 VABCDA'B'C'D‘ = A'H'SABC =

Au 4. Cho lang tru ABC.A'B'C'. Tinh ti s6 Vogpe:

ABCA'B'C’

SABCD = 28ABD =2.

A. L B. C.
2

ol <
Wk

Hudéng din giai:
Ta c6: BB'C'C Ia hinh binh hanh

1 1 \ \
= Sggic: = ESBB'C'C = A C

Viassc = EVA.BB'C'C v
1

Taco: Vyppe = gVABCA'B'C'
_ _ 2 A
= Vassce =Vascasc ~Vansc = EVABCA'B'C' C

1 Ve 1 B
:>VABB'C' = _VABCA'B'C' I i

3 VABCA'B'C' 3
4u 5. Cho khdi lang tru tam giac déu ABC.A’B’C’ 6 tat ca cac canh déu banga . Thé tich khéi tr dién ABB’C’ 1a

3 3 3 3
A EB B 2%, . 2 p. L.
12 4 6 12
Huwdng dan giai:
A C'
h=BB'=a V
S, =23
A'B'C’ 4
1., a*\3 A C
Vagee = 5 BB'.Sygc = 12

B

Au 6. Lang try tam giac ABC.A'B'C'c6 day tam gidc déu canha, goc giira canh bén va mat day bang 30°. Hinh
chiéu A’ 1én (ABC)la trung diém | ciia BC. Thé tich khoi lang tru la
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a’\3 B a®\3 c a®\3 a’3
6 ) 12 "8
Huéng din giai:

A.

Al :Al.tan(so(’):ﬂ.ﬁzé
2 3 2
a’\3
SABc:T

4u 7. Lang try ding ABC.A'B’C’ c6 day ABC la tam gidc vudng tai A, BC =2a, AB=a. Mat bén (BB’C’C) 1a
hinh vuéng. Khi d6 thé tich lang try 1a
a’\3

A. - B. a’\2. C. 2a%\/3.

Huéng din giai:

D. a
h=BB'=2a V
AC =+/BC?— AB? =a+/3

1 a’\3
2

= Suac =5 ABAC =

A C
= Vagcasc = BB,'SABC = aa\/§
B
4u 8. Cho lang tru ABC.A'B'C'. Goi M, N lan luot Ia trung diém cua CC' va BB'. Tinh ti sb Vagoun
ABC.A'B'C'
AL B. L. cl. D. 2.
3 6 2 3

Huéng din giai:

Ta c6: BB'C'C la hinh binh hanh
1

= SBCMN = E SBB'C'C
1
= VA.BCMN = EVA.BB'C'C
p 1
Taco: Vyppe = §VABCA'B'C'
2
= Vassce =Vascasc ~Vaasc = EVABCA'B'C'
1 Vaown _ 1

:>VA.BCMN = gVABCA'B'C' v; 3’
ABCA'B'C'

4u 9.  Cho khdi lang tru ABC.A'B'C’. Ti sb thé tich gitta khdi chop A.ABC va khéi ling tru do 1a

AL B. L. c.t. p. L.
4 2 3 6
Huéng din giai:
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AI CI
1. ., 1 g
Vanse = 5 AA 'SABC = §VABC.A’B'C’
— Vuasc _ 1
Vigcase 3 A C
, o , B
au 10. Cho khoi 1ap phuong ABCD.A'B'C'D’. Ti s6 thé tich gitra khoi A.ABD va khoi 1ap phuong la:
Al B. L. c.l p. 1.
4 8 _ 6 3
Hudng dan gidi:
1 12 AI L}
Vi neo = § AA 'SABD B’ : C' D
= % AA'.% AB.AD = % AA'S oo i
. o
= EVABCD.A’B’C’D’ it A
B C

Ve 1
— AABD T

VABCD.A’B’C’D’ 6
Au 11. Cho hinh ling try ding ABC.A'B'C' ¢6 day ABC la tam giac vubng tai B, BC =a, mit phang (A' BC)

tao vGi day mot goc 30° va tam gidc A'BC c6 dién tich bang a’/3. Tinh thé tich khdi lang tru
ABC.A'B'C".
A N8 g, 323 c. 33 p, 323
8 4 8 2
Hwéng din gidi:
V=Bh = Sagc.4pc.A44". A C’
. {BC 1 AB

= BC LAB. AN
BC 1L AA’ AN

BC L AB c (ABC) N
Va {BC L A'B = (ABC) >
BC = (ABC)~(A'BC) N

:((ABC),(A'BC)):(AB, A'B): ABA' 30° /

Ta co:

1 B
Suxec = AB.BC

) .
AR 2Susc _2a V3 _ 203
BC a

AB = A'B.cos ABA’ = 2a+/3.c0s30° = 3a: AA' = A'B.sin ABA’ = 2a+/3.5in30° = a+/3

3
Voo wpe = BN =S, 0 AA = %.AB.BC.AA’ - %.3a.a.a\/_ - 3a2*/§ .
Au 12. Cho hinh ling try ABC.A'B'C' ¢6 day ABC la tam giac déu canh banga. Hinh chiéu vudng goc ctia A’
trén (ABC) 1a trung diém ciia AB . Mit phiang (AA'C'C) tao véi ddy mot goc bang 45°. Tinh thé tich ¥
cta khéi lang tru ABC.A'B'C".
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3 3 3 3
Av=2 B.v =22 c.v=2 p.v=2
16 8 _ 4 2
. ~ Hudng dan giai:
Goi H, M, | 1an luot 1a trung diém A’ B

cua cac doan théng AB, AC, AM.
VABC.A'B'C' = SAABC'AI H.
a’\3

SAABC = T
Ta co IH la duong trung binh cta tam giac
AMB , MB 1a trung tuyén cua tam giac déu A B
ABC. I a

) {IH /I MB

o do:

AC

= IH L AC C

= AC L(A'HI)=AC LAl
AC LIH

AC L IH c (ABC)

Ma: <AC L A'l c(ACC'A) = A'IH la goc gita hai mat phang (AA'C'C) va
(ABC)n(ACC'A)=AC

(ABCD) = A'IH =45°

{ACJ_A'H

Trong tam gidc A'HI vuong tai H, ta co: tan45° = % = A'H =IH.tan45°.
2 3
PP PV OV R E
2 4 4 4 16
Cau 4: Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang a. Khoang cach gitra BB'
va AC bang:
NS B2 c. &2 D.
2 3 2
a3
3 ;
Huwong dan giai:
Chon C.
Ta c6: d(BB’; AC)=d(BB’;(ACC'A")) =%DB =¥.
%
p=d
Cau 5: Cho hinh 13p phuong ABCD.A'B'C'D’ c6 canh
bang 1 (dvdt). Khoang cach gitra AA' va BD' bang:
N B. Y2 c 22, D.
3 2 5
35
T
Huong dan gidi:

Chon B.
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Ta c6: d (AA’;BD')=d(BB';(DBB'D’))= % AC = g :

Céu 7: Cho khdi 1ap phuong ABCD.A'B'C'D'. Poan vudng
goc chung cua hai duong thang chéo nhau AD va A'C' la:

A. AA'. B. BB'. C. DA'. D. DD'.
Huwong dan gidi: B

AA'L(A'B'C'D))
— AA'LA'C
A'C'c(A'B'C'D)) A

AA' 1 (ABCD)
— AA'L AD
AD c (ABCD ,”‘E;Z;':,TP C
Chon dép 4n A. VATl | R

Cau 12: Cho hinh hop chr nhat ABCD.ABCD, coé
AA =2a,AD =4a.Goi M latrung diém AD. Khoang cach giita hai duong thang A B,
va C,M bang bao nhiéu?

A. 3a. B. 2a+/2. C. aV2. D. 2a.

B
Huéng din gidi: ! ©
Taco AB,//CD, suyra A M

AN D
d(AB,C,M)=d(AB,(C,DM))=d(A,(C,DM)) : |
Vi AA=2a, AD=4a vd M la trung diémAD nén BN e
AM LDM ,suyra AM L(CDM) /-
=d(A,(C,DM))=AM =2aV2. A D,

Chon dap an B.
Céu 13: Cho hinh lap phuong ABCD.A'B'C'D’ canh bang a. Khoang cach giita hai
duong thang AD’ va A'B’ bang bao nhiéu ?

A. av2. B &2 c. B D.
2 3
a3
2
Huwong dan gidi: A ®
A'B'LA'A /
Ta ¢6 = A'B'L(ADD'A’). /
A'B'LA'D' A
Goi H 1a giao diém ciia AD' véi A'D. o

= A'H L AD' ¢
{A'H 1 AD' a2 e

—d(A'B5AD)=A'H = 2¥2 ,
A'H LA'B' 2 . c
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Chon B.

Céu 14: Cho hinh 13p phuong ABCD.A'B'C'D’ c¢6 canh biang a. Khoang cach giira
BB’ va AC bing

Alp 2 c. &2 p. &3
2B L 3
Huong dan gidi:
. [(AACC)> AC
nen
(AA'C'C)//BB’ B c
d(BB’;AC)=d(BB’;(AACC)). P
Goi | =ACNBD. Vi ABCD.AB'C'D’ 14 hinh A | D
lap phuong nén Bl L (AA'CC). 'B c
’. r TaX/ a'\/E s Pt o
Suyra d(BB’;AC)=d(BB";(AA'C'C))= B===.
Az

Chon dép an C.

Cau 15: Hinh hop chit nhat ABCD.A'B'C'D’ c6 AB=3,AD =4, AA'=5. Khoang cach
giita hai duong thing AC va B'D’ bang bao nhiéu ?

A. 34, B. V41, C.5. D. 8.
Huwong dan gidi: B -
_ { (ABCD)//(AB'C'D’) L

AC c(ABCD);B'D' c(AB'CD) A b
= d(AC;B'D')=d ((ABCD);( AB'C'D")) = AN =5 ) — e
Chon dap 4n C.
A 7y

Céu 27: Cho lang tru tam giac déu ABC.AB,C, c¢6 canh day bang a, canh bén bang b.

a2 av'3 ab+/3
Tinh khoang céach gitta AB va CC,. A. i B. e .C. V3 . D.
2 2 7 4%+ 302
A a C
M
B
b
abv/3 B1
\V3a2+2b2
Huong din gidi:

Goi M la trung diém ctia AB
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CC,/ AA, = CC,/(ABB,A, )= d(AB,CC,)

a3
=d(CC,,(ABBA,))=CM ==
Dap 4n B.
CAu 29: Cho hinh chop S.ABC ¢6 ddy ABC la tam gidc vuong tai B, AB = a, canh
bén SA vuodng géc voi day va SA = av2. Goi M 1a trung diém cua AB. Khoang cach
gitta SM va BC bang bao nhiéu?
A D22 c. 25 p. 253
3 2 3 2
Huwéng din gidi:
Goi N 1a trung diém cta canh day AC. Khi dé
BC//(SMN) S
Nén d(SM,BC)=d(B,(SMN))=d (A, (SMN)) |

Goi H 1a hinh chiéu vuéng goc ctia A trén doan SM.
Ta ¢6 thé chimg minh dugec MN L (SAM), tir d6

SA.AM a2

JsaZ+Aam?2 3 A

AH L (SMN)=d (A (SMN))=AH =

Chon dap an A.
Céu 30: Cho tir dién déu ABCD canh a. Khoang cach giita
hai duong thing AB va CD bing bao nhiéu?

A2 B. = C.a D.
2 )
a2
J3
Huwong dan gidi:

Goi M,N 1an luot 14 trung diém cac canh CD, AB
Tam gidc MAB cantai M va ANCD can tai N

do d@MN L AB, MN L CD\ A
2 2
= d(AB,CD)=MN =vBM?-NB? = @ —(Ej :& N
2 2 2
Chon dap an B.
B D

Cau 31: Cho hinh hop chit nhat ABCD.AB'CD' c¢6 -

AB=AA"=a, AC =2a. Tinh khoang cach gitra AC’ va CD’: ¢
A 22 B.2.c &3 . 2.
2 3 2 2

Huéng dén gidi:
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2a  °

M Ta c6 hinh chiéu cia AC' trén m3t phang (DCC'D’) 1a DC’' LD'C nén
AC' LD'C=(ADC'B') L D'C tai diém H la trung diém CD'. Tir H také
HK L AC'=d(AC',D'C)=HK .

1 1 1 5a’ 6 /30 J30
MTach) — =t g [Pa=Y Vs Hk=Y"4
1947 732 22 6a’ 5 5 10

Chon dap an D.
Céu 32: Cho hinh 1ap phuong ABCD.A'B'C'D’ ¢6 canh bang 1 (dvd). Khoang céach giira

. 22 35 3 2
AA" va BD' bing:A. 22 B. 35 C. 3 D. V2
5 7 3 2
Huéng dén gidi:

AAY/BB' = AAY/(DBBD)
Ta co :
= d(AA") =d(A, (DBB'D") = AO =%.
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